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Abstract— A repeater insertion methodology is presented
for achieving the minimum power in an ��� interconnect
while satisfying delay and bandwidth constraints. With delay
constraints, closed form solutions for the minimum power are
developed which are within 10% of SPICE. With bandwidth
constraints, the minimum power can be achieved with mini-
mum sized repeaters.

I. INTRODUCTION

Repeater insertion is an efficient method for reducing
interconnect delay. The optimal number and size of the
repeaters to achieve the minimum delay of an ��� inter-
connect has been described in [1]. The size of an optimal
repeater is typically much larger than a minimum sized
repeater. Since millions of repeaters will be inserted to drive
global interconnects in future high complexity circuits [2],
significant power will be consumed by these repeaters,
particularly if delay-optimal repeaters are used. A power-
delay tradeoff is, therefore, necessary to support efficient
repeater insertion methodologies [3].

The number and size of the repeaters are determined
in [4] to minimize the total interconnect power and area
while satisfying a target delay constraint. In [4], only dy-
namic power is considered. By including both short-circuit
and leakage power, a more practical design methodology is
presented in [5]. Closed form solutions, however, are not
provided.

With on-chip signal frequencies continuously increasing,
bandwidth has become another important criterion in in-
terconnect design. In this paper, a new repeater insertion
methodology is proposed. As compared with the literature,
the contribution of this paper is

1) A new and more accurate delay and transition time
model is developed and applied in the repeater inser-
tion methodology.

2) Bandwidth as well as delay constraints are consid-
ered.
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Fig. 1. Repeater insertion in an ��� interconnect.

3) Closed form solutions for the minimum power are
provided.

The paper is organized as follows. By including the effects
of the input transition time, a new model of delay and
transition time for ��� interconnects with repeaters is
presented in section II. In section III, the three primary
power dissipation sources are reviewed. A more accurate
model [6] is also adopted to analyze short-circuit power.
In sections IV and V, analytic methods for achieving the
minimum power are presented with delay constraints and
bandwidth constraints, respectively. Finally, some conclu-
sions are offered in section VI.

II. DELAY AND TRANSITION TIME MODEL

As shown in Fig. 1, a distributed ��� interconnect is
evenly divided into � segments by uniform repeaters. �! 
and �" are the total resistance and capacitance of the
interconnect. The repeaters are # times as large as a
minimum sized repeater, with the output resistance �$ &%('*)+# ,
output capacitance #���,-' , and input capacitance #���./' ,
where �0 &%(' , �",-' , and ��./' are the output resistance, output
capacitance, and input capacitance of a minimum sized
repeater, respectively.

In this paper, the repeater is implemented by a CMOS
inverter. The inverter is assumed to be symmetric such
that the effective output resistance is the same for both
rising and falling signal transitions. The Berkeley predictive
technology model (BPTM) [7] for a 45 nm printed channel
length is used in this paper, which corresponds to the
80 nm technology node described in the ITRS [8]. Some
model parameters are modified to capture the trends of the
saturated drain current and subthreshold current predicted
by the ITRS.�� &%1' can be approximated as

�� &%1'�24365 ,7,8 ,/9*';: (1)

where 3 is a fitting parameter, and
8 ,/9*' is the saturated

drain current of a minimum sized NMOS transistor with



both 5 .�� and 5 ,�� equal to 5 ,7, . 3 can be determined by
matching either the 50% delay or the transition time of
the step response of an ��� equivalent circuit to SPICE
simulations. Note that the 3 obtained by matching the
50% delay and the 3 obtained by matching the transition
time are different and are denoted here as 3 , and 3!% ,
respectively. The corresponding output resistances are � ,-'
and � %1' .

The delay
� ,�� and transition time

� %�� of a single stage of
the interconnect for a step input can be obtained from [9],� ,���2���� 	�
�
 �  �  �� � ��� ����	�����,-' � ' � � ,-' �  

# � � �  � ./' #
�

�
:

(2)� %�� 2 ��� '���� ��� '����� �
2 ���!� �� �  �  �#" �$
&%����0%('�� ' � �0%(' �  

#�� � �� � ./' #
�

�
: (3)

where �"'02 �",-' � � ./' . With a finite input slew rate, both
the repeater delay [10] and the repeater output transition
time [11] depend linearly on the input transition time ')(+* 9 .
The contribution of ',( * 9 to the repeater delay can be
represented by -+')( * 9 , where [10]- 2 �" � � �/.  � �10 � (4)

In (4),
0

is the velocity saturation index, and .  is the
normalized threshold voltage.

The transition time at the far end of an interconnect
excited by a ramp input is difficult to model directly. For the
interconnect system shown in Fig. 1, each stage is assumed
to exhibit the same behavior. The input and output signal
of a stage, therefore, exhibits the same transition time.
The transition time in such a situation is denoted as

� % .
The ratio between

� % and
� %�� is represented by 2 , which

is almost a constant for various interconnect parameters
and repeater sizes. For the BPTM 45 nm technology, 2 is
approximately 1.15. By including the effects of the input
transition time, the delay and transition times of each stage
are, respectively, � , �  43/.�5 2 � ,�� � - � % : (5)� %�262 � %��7� (6)

The total delay of the interconnect is'  48( 43�9 2;: � �� �  � � :  ��� ' � ' � � ��'��  
# � �  � ./' # � : (7)

where : � 26��� 	�
�
 � ���<��-=2 : (8):  26��� ����	 �#" �$
&%>-=2 : (9)

��'02 ��� ����	��0,-' �#" �$
&%>-=2 �0%(':  � (10)

The total delay obtained by (7) as well as the model
neglecting input transition time effects are compared with
SPICE in Fig. 2 for different numbers of repeaters. As
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shown in Fig. 2, neglecting the effects of the input transition
time significantly underestimates the total delay. When
more than four repeaters are inserted, the error of (7) is
within 5% as compared with SPICE. By setting N+'  48  43�9 )ON �
and N+'  48  43�9)ON # to zero, the minimum delay can be obtained
as 'P8RQ  2 "�S : � :  �� (�  ��'�� ' T � �6U :  � ./': � � 'WV � (11)

III. POWER DISSIPATION SOURCES

There are three primary types of power dissipation mech-
anisms in digital CMOS circuits: dynamic power, short-
circuit power, and leakage power.

A. Dynamic Power

Dynamic power is the power consumption due to charg-
ing and discharging the load capacitance. The total dynamic
power dissipation in an interconnect isX ,�2 0 ��Y �  48( 43�9 5 ,7, 2 0 ��YZ���  � � # � ' � 5 ,7, : (12)

where Y is the clock frequency and
0 � is the switching

factor which is assumed in this paper to be 0.15 [5].

B. Short-Circuit Power

If the signal applied at the input of a CMOS inverter has
a finite slew rate, a direct current path exists between 5 ,7,and ground when the input signal switches between 5  &9and 5 ,7, � 5  <Q . The power consumed in this way is called
short-circuit power. The total short-circuit power dissipated
in an interconnect system can be obtained by adopting the
model presented in [6],X ��2 [ 0 ��Y 8 ,-' � % 5 ,7, � # 

5 ,���3/ �\ � �  43/.�5 �#"&] 8 ,-' � % # � (13)

In this expression, \ and
]

are process related constants.

5 ,���3/ and
8 ,-' are, respectively, the average saturated drain

voltage and average saturated drain current of the NMOS
and PMOS transistors in a minimum sized inverter. �^�  437.�5
is the load capacitance in a single stage,

�_�  437.�5 2 � ' # � �  
� � (14)
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Fig. 3. Repeater design space with different delay constraints. � ?A7B C7D EGF�H
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C. Leakage Power

In deep submicrometer CMOS technologies, the dom-
inant leakage current source is the subthreshold current
and the gate leakage current [12]. The total leakage power
dissipated in the repeaters isX 9 2 #�� 5 ,7,�� 8 � ��� ' � 8 ./' � : (15)

where
8 � ��� ' is the average subthreshold current of the

NMOS and PMOS transistors in a minimum sized repeater.8 ./' is the average gate leakage current of a minimum sized
repeater with low and high inputs. Since the subthreshold
current increases rapidly with increasing temperature, a
worst case temperature of 100 °C is assumed in this paper
to emphasize the leakage power.

IV. POWER DISSIPATION WITH DELAY CONSTRAINTS

For a delay constraint '�%�5�� greater than ' 8RQ  , the design
space of the repeaters is the area inside the closed curves
shown in Fig. 3. An expression characterizing the design
space edge is '� 48( 43�9 � ' %�5�� 2���� (16)

With ' %�5�� approaching ' 8 Q  , the design space converges to
the delay optimal point ( # 8 Q  , � 8RQ  ). Note in Fig. 3 that
the minimum # that can satisfy the delay constraint occurs
when � 2 � 8RQ  . Alternatively, the minimum � that can
satisfy the delay requirement occurs when # 2 # 8RQ  .

The total power dissipated by an ��� interconnect with
repeaters is the summation of the three kinds of power
dissipation sources,X  48( 43�9 2 X , � X � � X 9�� (17)

In Fig. 4,
X  48( 43�9 is plotted as a function of � and # .

From (12) and (15),
X , and

X 9 increase linearly with
increasing # for a fixed � .

X � can also be shown to increase
monotonically with increasing # for a fixed � by verifying
that N X � )&N # is always positive.

X  48  43�9 , therefore, increases
monotonically with increasing # for a fixed � . This behavior
is also illustrated in Fig. 4. For the design space shown in
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Fig. 4. Total power dissipated by an �;� interconnect with repeaters as
a function of M and � . �)? L GHz, � ? A7B C7D�E F�H m, �I? A7B J�J�C fF/

H
m,
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Fig. 3, the minimum power can only be reached on the left
edge.

The power dissipation on the edge of the design space
is plotted as a function of # in Fig. 5(a). The dynamic
and leakage power are plotted together since both of these
power components depend linearly on � # . The minimum
total power with delay constraints

X
	 ,�5 9!3�� can be obtained
by solving  X  48( 43�9 )� # 2 � . Note that on the edge of the
design space, � is a function of # . In order to provide a
closed form solution for

X 	 ,�5R9!3�� , the curve of
X , � X 9

around the power-optimal point is approximated by a part
of an ellipse, as shown in Fig. 5(b). The optimal design
parameters ( # ' , � ' ) for minimizing

X , � X 9 with a delay
constraint ' %�5�� can be solved by the Lagrange method [4],

�+'02 ��� � � �  � ',%�5�� : � :  � ' � ' �  �  ' %�5�� :  � ' � ' : (18)

# '02 ' %�5�� �+' � " : � �� �  " :  �  � .-' � ' : (19)

� 2;:  � ' �  �  � :  � ./' � : � � ' � � ' %�5��[ � (20)

# � is the minimum repeater size that can satisfy a target
delay constraint, which can be obtained by inserting � � 2� 8 Q  into (16).

X ' and
X �

are the corresponding values ofX , � X 9 at ( # ' , � ' ) and ( # � , � � ), respectively. The curve
of
X � is approximated by a linear function. With these

approximations, the power-optimal repeater size # Q with
a delay constraint can be obtained as

#�Q 2 # ' � � ' �# ' � # � � S � ' ��# ' � # � �  � � X � � X ' �  : (21)

� '�2  X � #��������
� [ 0 ��Y 8 ,-' 5 ,7,�� ' � %1'

� " 5 ,���37 \ ��� ' # '���' � �  � # ' �1"�] 8 ,-' ��' � %1'�# '�
5 ,���3/ R\ �� ' # ' � ' � �  � �#"&] 8 ,-' � ' � %1' # '��  :(22)� %1' 2 � % �� � ���  !� � (23)

The corresponding ��Q can be solved by inserting #=Q into
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(16). Upon obtaining # Q and � Q , X 	 ,�5 9!3�� can be obtained
directly from (17). If � Q is not an integer, the nearest two
integers are used to determine the minimum power ( # Q will
need to be re-calculated).

For different interconnect loads and delay constraints,
results from the proposed method are compared with SPICE
simulations in Table I. The minimum power obtained
analyticly is within 10% of SPICE. In these simulations,
the total power does not include the power dissipated by
the buffer loading the interconnect.

V. POWER DISSIPATION WITH BANDWIDTH

CONSTRAINTS

The bandwidth of an interconnect is limited by the
output signal transition time. Shorter signal transition times
support a shorter signal bit period, therefore, a higher
bandwidth. For a bandwidth constraint

� %�5�� , the signal
transition time is assumed to be less than or equal to half
the bit period, e.g.,

� %	� � ) " � %�5�� . The design space for
different bandwidth constraints is shown in Fig. 6. The
design space is the area in the upper-right side of the curve.

TABLE I

MINIMUM POWER WITH DELAY CONSTRAINTS OBTAINED ANALYTICLY

AS COMPARED WITH SPICE SIMULATIONS. �)? D�
��� .
SPICE Analytic��� ��� ������� ��� � ��� ��� ��� � ��� ���(k

E
) (pF) (ps) ��� M��

(
H

W)
��� M��

(
H

W) % Error

1 1 400 4 90 315.3 4 84.5 332.5 5.5
1 1 500 3 59 267.8 4 51.2 278.6 4.0
2 2 800 8 90 624.5 9 80.7 663.7 6.3
2 2 900 7 69 558.5 8 63.2 594.8 6.5
2 2 1000 7 56.5 528.3 8 51.2 557.1 5.5
3 1 700 7 47.5 300.6 7 47.1 328.2 9.2
3 1 800 7 36 274.9 7 34.4 292.1 6.2
3 1 900 6 30.5 260.7 6 28.7 273.0 4.7
2 3 1000 9 112 935.2 10 96.9 973.0 4.0
2 3 1200 9 71.5 801.6 9 66.8 844.5 5.4
2 3 1400 9 55 753.7 9 50.7 785.5 4.2
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An expression for the design space edge is� % 2 �" � %�5�� � (24)

From (24), � can be solved as a function of # ,

�P��# � 2 S   � [ � [  � �  �  �  � "  � : (25)

where

 � 2 " �$
&%���%1' � ' � �" 2 � %�5�� : (26)

  2 " �$
&%�� � %(' �  # � �  � ./' # � � (27)

In order for � to be a positive real number,  � should
be negative. An upper limit, therefore, is placed on the
bandwidth by the process technology,

� %�5��!� �%�� %O2;��%1' � ' � (28)

Similar to the delay-constraint case, the minimum power
with a bandwidth constraint can only be reached at the edge
of the design space.

X � can be rewritten asX ��2 [ 0 ��Y 8 ,-' � % 5 ,7, � #
5 ,���3/ \ ��� ' �#"%$

 �
� �1"�] 8 ,-' � % � (29)
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For a fixed
� % , X � increases monotonically with increasing� # . This relationship is also true for

X , and
X 9 . On the

edge of the design space,
� %�2 �*) " � %�5�� ; therefore, � # can

be obtained from (25),

� # 2 S �   # �  � [ � [  � �� �  (#  �   #� "  � � (30)

From (30), � # increases monotonically with # (note that � is negative). The total power at the edge of the design
space, therefore, increases monotonically with increasing # ,
as shown in Fig. 7(a). The minimum power satisfying the
bandwidth constraint can be achieved with minimum sized
repeaters. For minimum sized repeaters, the corresponding� and total delay, however, are unpractically large as shown
in Figs. 6 and 7(b). In order to produce an effective repeater
system, delay and area constraints should also be applied.
The multiple constraints problem is not addressed here due
to space limitations.

VI. CONCLUSIONS AND FUTURE WORK

In this paper, a repeater insertion methodology is pre-
sented for achieving the minimum power in ��� intercon-
nects while satisfying delay and bandwidth constraints. A

delay and transition time model of ��� interconnect with re-
peaters is introduced. An error of less than 5% as compared
with SPICE is demonstrated for interconnects with more
than four repeaters. The minimum power is achieved at the
edge of the design space. With delay constraints, closed
form solutions for the minimum power are developed which
are within 10% of SPICE. With bandwidth constraints,
the minimum power can be achieved with minimum sized
repeaters.

Inductive effects are not included in this paper since
interconnect inductance effects are not significant in narrow
interconnects with technology scaling [5]. For wide inter-
connects, the proposed methodology, however, has to be
refined to include the effects of inductance on the transition
time, delay, and power [13], [14].
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